Introduction
We call a set Qc^C n a Fatou-Bieberbach region (F.B. region, for brevity) if Q is the range of a one-to-one holomorphic map 0 with domain C n , and
In other words, F.B. regions are proper subsets of C n that are biholomorphically equivalent to C n . Numerous examples of such regions (when n>l) can be found in [2] and [6] .
It is easy to see that the volume (i.e., the 2n-dimensional Lebesgue measure) of every F.B. region is infinite, simply because (1) vol
(Q)
Here J0 is the complex Jacobian of 0 [7; p. 11], hence J0 is holomorphic, |/0 1 2 is subharmonic and of course positive, and its integral over C n is therefore infinite. Let B be the open unit ball of C n . Thus rB is the ball of radius r, centered at 0. The preceding paragraph shows that vol (Qr\rB} must tend to oo as r->oo, whenever Q is F.B. Theorem 1 of the present paper shows that this can happen arbitrarily slowly. We became interested in vol (Qr\rB) because we wanted to know (we still don't) whether there is an F. B. region in C z that does not intersect the set {zw=Q} , a union of two intersecting complex lines. (This is a special case of a more general question : Which analytic varieties V can be avoided by F. B. regions? When F is a complex line in C 2 then it can be done; see [3] or Example 9.7 in [6] . In this direction, Bedford and Smillie [1] proved an interesting result concerning algebraic varieties.) If there were such a region, it would be the range of a biholomorphic 0 of the form By -a cube in C n we shall mean the Cartesian product of n equal squares in C whose sides are parallel to the real and imaginary axes.
Theorem 1 is an immediate consequence of Theorem 2. We only need to place the cubes Kj so that their centers tend to oo sufficiently rapidly. 
For simplicity, we shall write the proof of Theorem 2 for the case n-2. The place where this helps is the last part of the proof. There we use shears in two (complex) directions. In C n we would have to use n directions and thus would have to take many more steps, but the principle is exactly the same. This last part of the proof (the Proposition) is in fact very similar to part of the proof of Lemma 7.2 in [6] , but the differences are significant enough that it seems best to include the details.
The following one-variable lemma will be used in the proof of the Proposition at the end of this paper. This can be proved by repeated applications of Runge's Theorem, followed by a passage to the limit.
In the proof of the Proposition we will be dealing with collections of compact cubes with disjoint projections. These cubes will be slightly distorted, but the distortions will be kept so small that the convex hulls of their projections remain disjoint. The A t 's of the Lemma will be these convex hulls; the gt's will be constants.
Proof of Theorem 2. C
2 is the union of concentric open cubes Q n , so chosen that Q Q ciK 0 and Q n^Q n+i for all n^O. Let Q_ l -%.
The collection <?= {K Q , K 1} K 2 , •••} contains disjoint subcollections € n such that £ 0 -{K 0 }, e n is infinite for n^l, and the union E n of the members of e n does not intersect Q n +i.
The desired map F will carry practically all of Q n \Q n -i into E n . Assume £<1/100 and pick £ n >0 so that £ 0 +£i + £ 2 If j>n and z^E 3 then (13), (11), and (c n ) imply (c rtTl ). So all that remains to be done is to give the Proof of the Proposition. 0 n will be obtained as a composition of 4 shears: 0 n =a i°az°f f 2°( 7 1 . If all approximations implicit in "almost" are sufficiently close, then 0 nai o ff^a z°( Ti will satisfy (12), (13), and (14).
